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On split extensions of bialgebras

Inspired by the discovery in [3] that the category of cocommutative Hopf algebras
over an algebraically closed field is semi-abelian, in the article [2] we prove a universal
characterisation of Hopf algebras amongst cocommutative bialgebras. It is of the style
of the characterisations of groups amongst monoids obtained in [4, 1]: a cocommutative
bialgebra is a Hopf algebra precisely when every split extension over it admits a join
decomposition.

The aim of this talk is to give an account of some obstructions that occur when
extending these results to bialgebras which are no longer cocommutative.
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