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A recently discovered oversight in Carboni and Rosolini’s characterisation of
(local) cartesian closure of exact completions entails that such characterisation
is only valid in the presence of products (resp. pullbacks), and not with just
weak finite limits as claimed in [1].

We will introduce a condition on a category with weak finite limits which is
sufficient to obtain the local closure of its exact completion in the most general
case. This condition was inspired by an axiom in the context of constructive
set theory, and originally applied to obtain the local cartesian closure of a con-
structive version of Lawvere’s ETCS [2].

We will see however that it naturally arises in the homotopy-theoretic con-
text as well. In particular, it can be used to conclude that the exact completion
of the homotopy category of topological spaces is locally cartesian closed, thus
answering a question posed in [3].
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