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A topological dynamical system is a pair (X,T) consisting of a compact metric space
X and a continuous self-map T of X. Recently Downarowicz and Weiss [4] asked what
is the relation between the vague specification property (introduced by Teturo Kamae in
[2]) and the weak specification property (a variant of the specification property introduced
by Bowen in [1]). We prove that the vague specification property is equivalent to the
asymptotic average shadowing property, a variant of the classical shadowing property
introduced by Gu in [3]. Since the weak specification property implies the asymptotic
average shadowing property but the converse is not true, we have a complete answer to
Downarowicz and Weiss’ question. Additionally, we show that the examples of proximal
and minimal shift spaces provided in [5] have the vague specification property.
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